METRIC PROJECTIONS IN LINEAR METRIC SPACES
Various properties of the metric projection are known in normed linear spaces (see e.g. L7]). G. Pantelidis [5] discussed some of these properties in linear metric spaces. In this paper we also discuss some necessary and sufficient conditions for the metric projections to be continuous and Lipschitzian in linear metric spaces.
Let G be a subspace of a linear metric space (E,d) and x 6 E.
An element g Q g G is said to be a best approximation to x in G if d(x,g o ) " dU,G).
The set of all such g e G is denoted by. L_(x) i.e. o kj L g (x) -{g Q € G:d(x,g o ) =d(x,G)}.
G is said to proximinal if L^Cx) is non-empty for each xe E and it is said to be Chebyshev if L^Cx) consists of exactly one element for each xe E. The mapping JTQ, which takes each element x of E to the set L^(x) is called the metric projection of E onto G. For Chebyshev sets G, JTQ is single-valued.
The canonical mapping W^ : E --~E/G defined by W^ (x) = x + G is clearly related to best approximation, since
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We shall denote by P *(o) the set Ct
P^U) -| X 6 E s 0 6Lg(X)|.
This set is called kernel of the mapping JTQ .
The first two theorems give necessary and sufficient conditions for the continuity of the metric projections in linear metric spaces.
In normed linear spaces, the first theorem was proved by Holmes Assume that W * is continuous. We shall show that JT^ is continuous . Let x , x 6 E and x --x i.e. d(x ,x)-»-0 as n--oe. Then n n n as above, x -(x ) -W~*(x +G) and x-Ji^(x) « W" (x+G), and so n O n n
and so is continuous. 
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Consequently, since z^e V (n>N), we obtain
and thus W ^ is continuous.
Remark. The above proof is similar to one given in [7] (Theo- (ii) (i) Suppose (i) does not hold i.e. x --x but ir" (x ) --n ^ G n --J7U (x), x , xeE. Then x -.nu(x)--x-JrAx) e P" (o) but (i) Q is a Chebyshev subspace of E with continuous -TTQ.
(ii) Q/P is a Chebyshev subspace of E/P with continuous Jr^p.
Proof, (i) =^(ii). Since Q is proximinal in E, Q/P is proximinal in E/P (Theorem 2 [3] ). Since P is proximinal in E and Q is semi-Chebyshev in E, Q/P is semi-Chebyshev in E/P (Theorem 2 [33).
Hence Q/P is a Chebyshev subspace in E/P. Now we show that ^Q/p is continuous. 
